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Abstract. New classes of integral inequalities are established in this paper by using a 

family of ݊ positive functions, ሺ݊ ∈ Գሻ with the help of Saigo's fractional integral operator. 
Some consequent results and special cases of the main results are also pointed out. 

Keywords: Integral inequalities, fractional integral operators, Saigo's fractional 
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1. INTRODUCTION  
 
 
Inequality plays an important in the field of physical problems like in electrostatics, 

symmetric potential theory and elasticity. In recent years many authors worked and 
established certain integral inequalities by using well known fractional integral operators; see 
for example [1-9]. 

The aim of this paper is to generalize some classical inequalities. By using Saigo's 
fractional integral operator, we generate new classes of integral inequalities using a family of 
n positive functions defined on ሾܽ	, ܾሿ.  

First we give necessary definitions and mathematical preliminaries of 
fractionalcalculus operators which are used in our analysis. 

 
Definition 1. A real valued function ݂ሺݐሻሺݐ ൐ 0ሻ is said to be in the space ԧఓሺߤ ∈

Ը,	if there exists a real number ݌൐ߤ	such that ݂ݐൌ݌ݐ߶ሺݐሻ; where ߶ሺݐሻ∈ԧሺ0,∞ሻ. 
 

Definition 2. Let ߙ ൐ 0	and ߚ, ߟ ∈ Ը, then the Saigo fractional integral	ܫ଴,௧
ఈ,ఉ,ఎ of order 

 ሻis defined by [10]ݐfor a real valued continuous function ݂ሺߙ
 

଴,௧ܫ
ఈ,ఉ,ఎሼ݂ሺݐሻሽ ൌ ௧షഀషഁ

௰	ሺఈሻ
׬ ൫ݐ െ ߬ ൯

ఈିଵ௧
଴ ଵܨ ቀߙ ൅ ;ߟെ,ߚ ;ߙ 1 െ ఛ

௧
ቁଶ ݂ሺ߬ሻ݀߬,     (1) 

 
where the function ܨଵ ሺെሻଶ  appearing as a kernel of the operator (1) is the Gaussian 
hypergeometric function defined by 
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ଵܨ  ሺܽ, ܾ; ܿ; ሻݐ ൌ ∑ ሺ௔ሻ೙ሺ௕ሻ೙௧೙

௡!ሺ௖ሻ೙
ஶ
௡ୀ଴ଶ ,         (2) 

 
where ሺܽሻ௡ is Pochhammer symbol given as 
 
         	ሺܽሻ௡ ൌ ܽሺܽ ൅ 1ሻ… ሺܽ ൅ ݊ െ 1ሻ, ሺܽሻ଴ ൌ 1.        (3)  
 
 
2.   MAIN RESULTS 

 
 
In this section, we established two classes of fractional integral inequalities for the 

synchronous functions involving the Saigo fractional integral operator (1). The first class is 
given by the following two theorems: 

 
Theorem 1. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ are ݊ positive continuous and decreasing functions 

onሾܽ	, ܾሿ, then 
 

                 
ூబ,೟
ഀ,ഁ,ആቂ∏ ௙೔

ം೔௙೛
അሺ௧ሻ೙

೔ಯ೛ ቃ

ூబ,೟
ഀ,ഁ,ആቂ∏ ௙೔

ം೔ሺ௧ሻ೙
೔సభ ቃ

൒
ூబ,೟
ഀ,ഁ,ആቂሺ௧ି௔ሻഃ ∏ ௙೔

ം೔௙೛
അሺ௧ሻ೙

೔ಯ೛ ቃ

ூబ,೟
ഀ,ഁ,ആቂሺ௧ି௔ሻഃ ∏ ௙೔

ം೔ሺ௧ሻ೙
೔సభ ቃ

,      (4) 

 

for ܽ ൏ ݐ ൑ ܾ, ߙ ൐ maxሼ0,െߚሽ , ߚ ൏ 1, ߚ െ 1 ൏ ߟ ൏ 0, ߜ ൐ 0, ߞ ൒ ௣ߛ ൐ 0, where ݌ is fixed 
integer in ሼ1,2, . . . , ݊ሽ. 
 

Proof. Since ሺ ௜݂ሻ௜ୀଵ,…,௡ are ݊ positive continuous and decreasing functions on 
ሾܽ	, ܾሿ	then we have  

 

                              ൫ሺߩ െ ܽሻఋ െ ሺ߬ െ ܽሻఋ൯ ቀ ௣݂
఍ିఊ೛ሺ߬ሻ െ ௣݂

఍ିఊ೛ሺߩሻቁ ൒ 0, 

 
which implies that  
 

ሺߩ െ ܽሻఋ ௣݂
఍ିఊ೛ሺ߬ሻ ൅ ሺ߬ െ ܽሻఋ ௣݂

఍ିఊ೛ሺߩሻ ൒ 	 ሺ߬ െ ܽሻఋ ௣݂
఍ିఊ೛ሺ߬ሻ ൅ ሺߩ െ ܽሻఋ ௣݂

఍ିఊ೛ሺߩሻ,    (5) 
 
for any fixed ݌ ∈ ሼ1,… , ݊ሽ and for any ߞ ൒ ௣ߛ ൐ ߜ,0 ൐ 0, ߬, ߩ ∈ ሾܽ, ;ሿݐ ܽ ൏ ݐ ൑ ܾ. 
Consider 
 

Ɲ ௣ܰሺݐ, ߬ሻ ൌ
௧షഀషഁ

௰ሺఈሻ
൫ݐ െ ߬ ൯

ఈିଵ
ଵଶܨ ቀߙ ൅ ;ߟെ,ߚ ;ߙ 1 െ ఛ

௧
ቁ ∏ ௜݂

ఊ೔ሺ߬ሻ௡
௜ୀଵ .  (6) 

 
We observe each factor of the above function is positive in view of the conditions 

stated with Theorem 1, and hence the function Ɲ ௣ܰሺݐ, ߬ሻremains positive, for all ߬ ∈
ሺ0, ݐሺ	ሻݐ ൐ 	0ሻ. 

Multiplying both sides of (5) byƝ	 ௣ܰሺݐ, ߬ሻ (where ܰƝ௣ሺݐ, ߬ሻ	is given by (6)) and 
integrating with respect to ߬ from 0 to t, and using operator (1), we get 
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ሺߩ െ ܽሻఋܫ଴,௧
ఈ,ఉ,ఎൣ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ ൅ ௣݂
఍ିఊ೛ሺߩሻܫ଴,௧

ఈ,ఉ,ఎൣሺݐ െ ܽሻఋ ∏ ௜݂
ఊ೔ሺݐሻ௡

௜ୀଵ ൧ ൒

 ሺߩ െ ܽሻఋ ௣݂
఍ିఊ೛ሺߩሻܫ଴,௧

ఈ,ఉ,ఎൣ∏ ௜݂
ఊ೔ሺݐሻ௡

௜ୀଵ ൧ ൅ ଴,௧ܫ
ఈ,ఉ,ఎൣሺݐ െ ܽሻఋ ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧.		                 (7) 
 

Now multiplying both sides of (7) by Ɲ ௣ܰሺ߬, ሻ where Ɲߩ ௣ܰሺ߬,  ሻ is given in (6) andߩ
integrating with respect to	ߩ	from 0 to t, and using operator (1), we get  

଴,௧ܫ
ఈ,ఉ,ఎ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥ሺݐ െ ܽሻఋෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൒ 

଴,௧ܫ                                        
ఈ,ఉ,ఎൣሺݐ െ ܽሻఋ ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఈ,ఉ,ఎൣ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧.     (8) 

 
This completes the proof of Theorem 1. 

 
Theorem 2. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ are ݊ positive continuous and decreasing functions on 

ሾܽ	, ܾሿ, then 

଴,௧ܫ
ఈ,ఉ,ఎ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఠ,క,ψ ൥ሺݐ െ ܽሻఋෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൅ 

଴,௧ܫ
ఠ,క,ψ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥ሺݐ െ ܽሻఋෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൒ 

଴,௧ܫ
ఠ,క,ψ ቎ሺݐ െ ܽሻఋෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥ෑ ௜݂

ఊ೔ሺݐሻ

௡

௜ୀଵ

൩ ൅ 

଴,௧ܫ                                  
ఈ,ఉ,ఎൣሺݐ െ ܽሻఋ ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఠ,క,ψൣ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧,                         (9)     

for	ܽ ൏ ݐ ൑ ܾ, ߙ ൐ maxሼ0,െߚሽ , ߱ ൐ maxሼ0, െߦሽ, ߚ ൏ 1, ߦ ൏ 1, ߦ െ 1 ൏ ߰ ൏ 0,		 
ߞ ൒ ௣ߛ ൐ 0,	where	݌ is fixed integer in ሼ1,2, . . . , ݊ሽ. 

 

Proof. On multiplying both side of equation (7) by 

௧షഘష഍

௰ሺఠሻ
൫ݐ െ ߩ ൯

ఠିଵ
ଵଶܨ ൬߱ ൅ ;െψ,ߦ ߱; 1 െ ఘ

௧
൰∏ ௜݂

ఊ೔ሺߩ ሻ௡
௜ୀଵ ,			൫ߩ ∈ ሺ0, tሻ; ݐ ൐ 0൯, (10) 

 
(which remains positive under the conditions stated with Theorem 2), and then integrating the 
resulting inequality so obtained, with respect to	ߩ from 0 to t, we get the desired result. 
 
 Remark 1. The inequality (4) and (9) are reversed if the functions ሺ ௜݂ሻ௜ୀଵ,…,௡ is 
increasing on ሾܽ, ܾሿ. 
 
 Remark 2. Applying Theorem 2 for ߱ ൌ ,ߙ ߦ ൌ β, ߩ ൌ ߬ܽ݊݀ψ ൌ  we obtain ߟ
Theorem 1  
 
 Another class of fractional integral inequalities which generalizes the above theorems 
is described in the following theorems.  
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Theorem 3. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ and ݃ be positive continuous functions on ሾܽ	, ܾሿ such that 
݃ is increasing and ሺ ௜݂ሻ௜ୀଵ,…,௡ are decreasing on [a ,b] then: 

  

                  
ூబ,೟
ഀ,ഁ,ആቂ∏ ௙೔

ം೔௙೛
അሺ௧ሻ೙

೔ಯ೛ ቃூబ,೟
ഀ,ഁ,ആቂ௚ഃሺ௧ሻ∏ ௙೔

ം೔ሺ௧ሻ೙
೔సభ ቃ

ூబ,೟
ഀ,ഁ,ആቂ௚ഃሺ௧ሻ∏ ௙೔

ം೔௙೛
അሺ௧ሻ೙

೔ಯ೛ ቃூబ,೟
ഀ,ഁ,ആቂ∏ ௙೔

ം೔ሺ௧ሻ೙
೔సభ ቃ

൒ 1.	               (11) 

Provided	ܽ ൏ ݐ ൑ ܾ, ߙ ൐ maxሼ0, െߚሽ , ߚ ൏ 1, ߚ െ 1 ൏ ߟ ൏ 0, ߜ ൐ 0, ߞ ൒ ௣ߛ ൐ 0, where ݌ 
is fixed integer in ሼ1,2, . . . , ݊ሽ. 
 

Proof. Using condition of Theorem 3 we can write  
 

               ൫݃ఋሺߩሻ െ ݃ఋሺ߬ሻ൯ ቀ ௣݂
఍ିఊ೛ሺ߬ሻ െ ௣݂

఍ିఊ೛ሺߩሻቁ ൒ 0,     (12) 

 
for all  ݌ ൌ 1,2, . . . , ߜ ,݊ ൐ ߞ ,0 ൒ ௣ߛ ൐ ,ߩ ,0 ߬ ∈ ሾܽ, ܽ,ሿݐ ൏ ݐ ൑ ܾ. 
 
 Now, let’s consider the quantity 
 

,ݐ௣ሺܮ           ߬ሻ ൌ
௧షഀషഁ

௰ሺఈሻ
൫ݐ െ ߬ ൯

ఈିଵ
ଵଶܨ ቀߙ ൅ ;ߟെ,ߚ ;ߙ 1 െ ఛ

௧
ቁ  

                                ∏ ௜݂
ఊ೔ሺ߬ሻ௡

௜ୀଵ ቀ൫݃ఋሺߩሻ െ ݃ఋሺ߬ሻ൯ቁ ቀ ௣݂
఍ିఊ೛ሺ߬ሻ െ ௣݂

఍ିఊ೛ሺߩሻቁ .  (13) 

 
 It is clear that 
 
,ݐ௣ሺܮ                                  ߬ሻ ൒ 0.        (14) 
 
 Therefore, 
 

0 ൑ න ,ݐ௣ሺܮ ߬ሻ݀߬ ൌ
௧

଴
݃ఋሺߩሻܫ଴,௧

ఈ,ఉ,ఎ ቎ෑ ௜݂
ఊ೔

௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ൅ ௣݂
఍ିఊ೛ሺߩሻܫ଴,௧

ఈ,ఉ,ఎ ൥݃ఋሺݐሻෑ ௜݂
ఊ೔ሺݐሻ

௡

௜ୀଵ

൩ 

                    െܫ଴,௧
ఈ,ఉ,ఎൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ െ ݃ఋሺߩሻ ௣݂
఍ିఊ೛ሺߩሻܫ଴,௧

ఈ,ఉ,ఎൣ∏ ௜݂
ఊ೔ሺݐሻ௡

௜ୀଵ ൧.    (15) 
 
 Consequently, 
 

଴,௧ܫ
ఈ,ఉ,ఎ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥݃ఋሺݐሻෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൒ 

଴,௧ܫ                                            
ఈ,ఉ,ఎൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఈ,ఉ,ఎൣ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧.  (16) 

 
Theorem 3 is thus proved. 

We also give the following results: 
 
Theorem 4. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ and ݃ are positive continuous functions on ሾܽ	, ܾሿ, such 

that ݃ is increasing and ሺ ௜݂ሻ௜ୀଵ,…,௡ are decreasing on ሾܽ	, ܾሿ then:  
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଴,௧ܫ
ఈ,ఉ,ఎ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఠ,క,ψ ൥݃ఋሺݐሻෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൅ 

଴,௧ܫ
ఠ,క,ψ ቎ෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥݃ఋሺݐሻෑ ௜݂

ఊ೔ሺݐሻ
௡

௜ୀଵ

൩ ൒ 

଴,௧ܫ
ఠ,క,ψ ቎݃ሺݐሻෑ ௜݂

ఊ೔
௣݂
఍ሺݐሻ

௡

௜ஷ௣

቏ ଴,௧ܫ
ఈ,ఉ,ఎ ൥ෑ ௜݂

ఊ೔ሺݐሻ

௡

௜ୀଵ

൩ ൅ 

଴,௧ܫ                                      
ఈ,ఉ,ఎൣ݃ሺݐሻ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఠ,క,ψൣ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧,   (17)     

 
for	ܽ ൏ ݐ ൑ ܾ, ߙ ൐ maxሼ0,െߚሽ , ߱ ൐ maxሼ0, െߦሽ, ߚ ൏ 1, ߦ ൏ 1, ߦ െ 1 ൏ ߰ ൏ 0,		 
ߞ ൒ ௣ߛ ൐ 0, where ݌ is fixed integer in ሼ1,2, . . . , ݊ሽ.    

Proof. Multiplying both side of (12) by 

௧షഘష഍

௰ሺఠሻ
൫ݐ െ ߩ ൯

ఠିଵ
ଵଶܨ ൬߱ ൅ ;െψ,ߦ ߱; 1 െ ఘ

௧
൰ ∏ ௜݂

ఊ೔ሺߩ ሻ௡
௜ୀଵ ,			൫ߩ ∈ ሺ0, tሻ; ݐ ൐ 0൯, (18) 

and then integrating with respect to ߩ from 0 to t, we get the desired result. 
 

Theorem 5. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ and ݃ be positive continuous functions on ሾܽ	, ܾሿ. Suppose 

that for any fixed ݌ ∈ ሼ1,2, . . . , ݊ሽ, ቀ ௣݂
ఋሺ߬ሻ݃ఋሺߩሻ െ ௣݂

ఋሺߩሻ݃ఋሺ߬ሻቁ ቀ ௣݂
఍ିఊ೛ሺ߬ሻ െ ௣݂

఍ିఊ೛ሺߩሻቁ ൒

0; ߜ ൐ 0, ߙ ൐ 0, ߞ ൒ ௣ߛ ൐ 0, ߬, ߩ ∈ ሾܽ	, ,ሿݐ ݐ ∈ሿܽ	, ܾሿ then we have 
 

                       
ூబ,೟
ഀ,ഁ,ആቂ∏ ௙೔

ം೔௙೛
അశഃሺ௧ሻ೙

೔ಯ೛ ቃூబ,೟
ഀ,ഁ,ആቂ௚ഃሺ௧ሻ∏ ௙೔

ം೔ሺ௧ሻ೙
೔సభ ቃ

ூబ,೟
ഀ,ഁ,ആቂ௚ഃሺ௧ሻ∏ ௙೔

ം೔௙೛
അሺ௧ሻ೙

೔ಯ೛ ቃூబ,೟
ഀ,ഁ,ആቂ௙೛

ഃ ∏ ௙೔
ം೔ሺ௧ሻ೙

೔సభ ቃ
൒ 1.   (19) 

 

Proof. The proof is quite similar to the Theorem 3, provided we replace the quantity 
 

    ቀ݃ఋሺߩሻ െ ݃ఋሺ߬ሻቁ ݕܾ ቀ ௣݂
ఋሺ߬ሻ݃ఋሺߩሻ െ ௣݂

ఋሺߩሻ݃ఋሺ߬ሻቁ. 

 
Theorem 6. Let ሺ ௜݂ሻ௜ୀଵ,…,௡ and ݃ be positive continuous functions on ሾܽ	, ܾሿ. Suppose 

that  for any fixed ݌ ∈ ሼ1,2, . . . , ݊ሽ, ቀ ௣݂
ఋሺ߬ሻ݃ఋሺߩሻ െ ௣݂

ఋሺߩሻ݃ఋሺ߬ሻቁ ൬ ௣݂
఍ିఊ೛ሺ߬ሻ െ ௣݂

఍ିఊ೛ሺߩሻ൰ ൒

ߜ;0 ൐ 0, ߙ ൐ 0, ߞ ൒ ௣ߛ ൐ 0, ߬, ߩ ∈ ሾܽ	, ,ሿݐ ݐ ∈ሿܽ	, ܾሿ.	Then the inequality 
 

଴,௧ܫ
ఈ,ఉ,ఎቂ∏ ௜݂

ఊ೔
௣݂
఍ାఋሺݐሻ௡

௜ஷ௣ ቃܫ଴,௧
ఠ,క,ψൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧ ൅

଴,௧ܫ																												
ఠ,క,ψቂ∏ ௜݂

ఊ೔
௣݂
఍ାఋሺݐሻ௡

௜ஷ௣ ቃ ଴,௧ܫ
ఈ,ఉ,ఎൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧ ൒

଴,௧ܫ																																							
ఈ,ఉ,ఎൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఠ,క,ψൣ ௣݂

ఋ ∏ ௜݂
ఊ೔ሺݐሻ௡

௜ୀଵ ൧ ൅

଴,௧ܫ																																																						
ఠ,క,ψൣ݃ఋሺݐሻ∏ ௜݂

ఊ೔
௣݂
఍ሺݐሻ௡

௜ஷ௣ ൧ܫ଴,௧
ఈ,ఉ,ఎൣ∏ ௜݂

ఊ೔ሺݐሻ௡
௜ୀଵ ൧,  (20) 

holds true.      
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Proof. The proof is quite similar to Theorem 4, provided we replace the quantity 
 

  ቀ݃ఋሺߩሻ െ ݃ఋሺ߬ሻቁ ݕܾ ቀ ௣݂
ఋሺ߬ሻ݃ఋሺߩሻ െ ௣݂

ఋሺߩሻ݃ఋሺ߬ሻቁ. 

 
 
3.  SPECIAL CASES 

 
 

The operator ܫ଴,௧
ఈ,ఉ,ఎሼ݂ሺݐሻሽ includes both the Riemann-Liouville and Erdélyi-Kober 

fractional integral operators by the following relationships: 
 

     ܴఈሼ݂ሺݐሻሽ ൌ ଴,୲ܫ
ఈ,ିఈ,ఎሼ݂ሺݐሻሽ ൌ ଵ

௰ሺఈሻ
׬ ሺݐ െ ߬ሻఈିଵ
௧
଴ ݂ሺ߬ሻ݀߬ሺߙ ൐ 0ሻ   (21) 

and 

ሻሽݐఈ,ఎሼ݂ሺܫ																	 ൌ ଴,୲ܫ
ఈ,଴,ఎሼ݂ሺݐሻሽ ൌ ௧షഀషആ

௰ሺఈሻ
׬ ൫ݐ െ ߬ ൯

ఈିଵ௧
଴ ߬ఎ݂ሺ߬ሻ݀߬, (ߙ ൐ 0, ߟ ∈ Ը). (22) 

 

Also for ݂ሺݐሻ ൌ  :ఓ in (1) we get the known formula [10]ݐ
 

଴,௧ܫ                      
ఈ,ఉ,ఎሼݐఓሽ ൌ

௰ሺఓାଵሻ௰ሺఓାଵିఉାఎሻ

௰ሺఓାଵିఉሻ௰ሺఓାଵାఈାఎሻ
        (23)			ఓିఉ,ݐ

 
where ߙ ൐ 0, 	minሺߤ, ߤ െ ߚ ൅ ሻߟ ൐ െ1, ݐ ൐ 0. 

It is interesting to observe that, if we replace ߚ by –ߙ and make use of relation (21), 
our main results correspond to the known results of Dahmani [6]. Further, by setting	ߚ ൌ 0 
and using the relation (22), the inequalities presented in the main theorems reduces to the 
known fractional integral inequalities involving Erdélyi-Kober fractional integral operators. 
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